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Abstract—Few-shot image classification aims at exploring
transferable features from base classes to recognize images
of the unseen novel classes with only a few labelled images.
Existing methods usually compare the support features and query
features, which are implemented by either matching the global
feature vectors or matching the local feature maps at the same
position. However, the few labelled images fail to capture all the
diverse context and intra-class variations, leading to mismatch
issues for existing methods. On one hand, due to the misaligned
position and cluttered background, existing methods suffer from
the object mismatch issue (Fig. 1(a)). On the other hand, due to the
scale inconsistency between images, existing methods suffer from
the scale mismatch issue (Fig. 1(b)). In this paper, we propose
the Bilaterally-normalized Scale-consistent Sinkhorn Distance
(BSSD) to solve these issues. Firstly, instead of same-position
matching, we utilize the Sinkhorn Distance to find an optimal
matching between images, mitigating the object mismatch caused
by misaligned position. Meanwhile, we propose the intra-image
and inter-image attentions as the bilateral normalization on
Sinkhorn Distance to suppress the object mismatch caused by
background clutter. Secondly, local feature maps are enhanced
with the multi-scale pooling strategy, making Sinkhorn Distance
possible to find a consistent matching scale between images.
Experimental results show the effectiveness of the proposed
approach, and we achieve the state-of-the-art on three few-shot
benchmarks.

Index Terms—Few-shot, Sinkhorn Distance, Attention

I. INTRODUCTION

OVER the past few years, convolutional neural networks
(CNNs) have achieved tremendous breakthroughs in a

wide range of computer vision tasks, such as image classifi-
cation [1], object detection [2], or semantic segmentation [3].
Usually, it requires large-scale datasets to effectively train a
network. Collecting such large amounts of data is extremely
laborious and time-consuming, while in some cases like rare
species recognition or fine-grained classification [4], it is even
infeasible. On the contrary, the human visual system has
the ability to learn novel concepts with only one or few
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(b) scale mismatch
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Fig. 1. Few-shot feature matching encounters two problems: (a) object
mismatch, i.e., the misaligned position (orange box) and background clutter
(blue box) will prevent the correct matching; (b) scale mismatch, i.e., the scale
inconsistency between images will cause incorrect matching.

instances [5]. For example, humans (even children) can acquire
the concept of “banana” after seeing a single banana image
and be able to recognize future bananas. Mimicking this gen-
eralized learning ability of humans, few-shot learning (FSL)
aims to recognize instances of the unseen novel concepts (i.e.,
query set) with only few labeled instances (i.e., support set) by
exploring the latent patterns from the available seen concepts.

To tackle the few-shot learning problem, a variety of
algorithms have been proposed. These algorithms can be
divided into three types, i.e., metric-based [6]–[14], gradient-
based [15]–[19], and transfer-based [20]–[23] methods.
Metric-based methods aim to learn a generalizable feature
space and utilize a distance function (such as Cosine or
Euclidean) to compute the similarities between support and
query images. Gradient-based methods try to learn a task-level
meta-learner that can quickly adapt model parameters to a new
task with few examples. Transfer-based methods consider a
simple transfer learning baseline by first pre-training a model
on the large meta-training classes. Then, a classifier is trained
on the meta-test classes to utilize the transferable knowledge
from the pre-trained model.

Early few-shot methods follow the common practice of
large-scale image classification [1] to extract global feature
vectors from CNNs. However, global feature vectors often rely
on a large amount of training data to cover diverse context
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and intra-class variations, which is infeasible in the few-shot
problem. To ameliorate global feature vectors, a natural way
is to employ the local feature maps (e.g., by removing the
last pooling layer in CNNs) [24]–[29]. Compared with global
feature vectors, local feature maps extract more meticulous
details of the image, thus amplifying the global feature vectors
with more discriminative and transferable information. Exist-
ing few-shot methods [26], [27] adopt local feature maps in a
position-to-position manner, i.e., matching the corresponding
feature maps at the same position and aggregating the results.
Although this is simple and straightforward, due to the limited
data constraints in few-shot learning, it suffers from two
practical issues: object mismatch and scale mismatch (Fig. 1).

First, object mismatch refers to the issue that object parts
of the same category are not correctly matched. For example,
in Fig. 1(a), for a position-to-position matching method, the
left dog’s head (orange box in the left image) will match
the background (blue box in the right image) rather than
the correct right dog’s head (orange box in the right image).
The object mismatch issue is caused by the misaligned object
position and cluttered background. Current local feature based
methods do not address this issue well. For example, DC [27]
learns a single classifier for each position without alignment,
thus ignoring the mismatch issue. DN4 [26] only considers the
top-k matching in a class, which is sub-optimal for dealing
with the mismatch issue and it can be interfered by the
irrelevant background features. In this paper, we propose a
Bilaterally-normalized Sinkhorn Distance to solve the object
mismatch. At first, we model the local feature matching
problem in a Sinkhorn distance framework instead of the
position-to-position matching. Specifically, we calculate the
pairwise matching costs between the local feature maps of
the support image and query image. Feature matching is
formulated as a total costs minimization problem, which can
be solved efficiently by the Sinkhorn iteration. This way,
the optimal matching takes into account the whole feature
maps to correct the misaligned positions. Moreover, we devise
the intra-image and inter-image attentions for each position
to serve as the bilateral normalization on Sinkhorn distance.
This normalization explicitly diminishes the effect of the
background features and enhances the weights of the object
features, mitigating the object-to-background mismatch.

Second, scale mismatch refers to the issue that the objects
from the same category have inconsistent scales across various
images. For example, in Fig. 1(b), the dog in the left image is
approximately twice the scale of the right one. Scale mismatch
would cause adverse effects (e.g., degraded performance for
small objects) in various tasks, such as object detection [30],
image segmentation [31]. However, it is seldom studied in few-
shot image classification. To solve this issue, we first apply the
multi-scale pooling to the original feature map of the support
image to generate local features representing multiple scales.
These local features are concatenated to replace the original
ones in the Sinkhorn distance. Then, we keep the query
features unchanged and compute the Bilaterally-normalized
Sinkhorn distance to find the optimal matching between the
query features and the multi-scale support features. This strat-
egy makes Sinkhorn distance possible to find and utilize the

consistent matching scale between support and query images.
Even when different object parts are disproportionately scaled
(non-rigid deformation), the concatenation makes it feasible to
find the correct parts combination across various scales.

All the proposed modules are incorporated in a general
framework to compute the distance between the support and
query images (Fig. 2). We refer to this distance as Bilaterally-
normalized Scale-consistent Sinkhorn Distance (BSSD). In
the experiments, we show the effectiveness of each component
of the proposed model. Our main contributions are summa-
rized as follows:

• We propose a novel Bilaterally-normalized Scale-
consistent Sinkhorn Distance (BSSD) to obtain a reliable
local feature matching for few-shot classification.

• We devise the intra-image and inter-image attentions
as the bilateral normalization on Sinkhorn distance to
diminish the cluttered background issue.

• The proposed Bilaterally-normalized Scale-consistent
Sinkhorn Distance is capable of finding the consistent
matching scale between images, thus addressing the scale
mismatch issue.

• We demonstrate the effectiveness and generalizability
of the proposed method via extensive experiments and
achieve the state-of-the-art on three benchmark datasets.

II. RELATED WORK

A. Few-shot Image Classification

In few-shot image classification, we are given abundant
examples from the base classes (seen), while the goal is to
learn to recognize novel classes (unseen) with few labeled
examples. Much efforts have been devoted to deal with this
task from three different views, i.e., metric-based methods,
gradient-based methods, and transfer-based methods.

Metric-based methods try to learn common image features
as well as a non-parametric classifier (e.g., Euclidean or
Cosine distance) that can generalize from base classes to
novel classes. Matching Network [6] introduces the concept of
support/query set and N -way K-shot learning protocol. The
Cosine similarity is calculated between one query image and
all support images. Prototypical Network [7] computes the Eu-
clidean distance between the query feature and the prototypes
of all class (a prototype refers to the mean of support features
belonging to the same class). Except for the simple distances,
neural networks can serve as a learnable distance function.
Relation Network [32] learns a deep distance metric from the
concatenation of query and support representations. FEAT [14]
utilizes a set-to-set transformation to make both the features
and the distances task-specific. The proposed Bilaterally-
normalized Scale-consistent Sinkhorn distance shares the same
spirit of learning a discriminative distance metric. However,
instead of using global feature vectors, we adopt the local
feature maps that is more consistent between seen and unseen
classes to mitigate the data-scarcity issue of few-shot learning.

Gradient-based methods aim to learn a general updating
rule that can quickly adapt model parameters to tackle a new
task with only few examples. MAML [15] proposes a model-
agnostic gradient updating rule to find a good intialization
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that can adapt quickly to any novel task with a few steps.
To avoid the computation of the costy Hessian matrix in
MAML, Reptile [16] employees only first-order derivatives for
parameter updates. MetaOptNet [8] backpropagates though the
optimization of the SVM classifier while avoids second-order
derivatives in the feature backbone.

Transfer-based methods learn a pre-trained or self-
supervised representation on the entire base classes and then
train a classifier on top of this representation. Tian et al. [20]
directly learn a linear classifier on top of a pre-trained embed-
ding and use self-distillation for further improvement. Meta-
Baseline [33] verifies the effect of both classifier pre-training
and meta-learning.

Generalized few-shot learning. Besides the above few-shot
learning methods, recent works start to discuss more gener-
alized problems, such as domain-agnostic recognition [34],
[35], utilizing extra semantic information [36], few-shot hu-
man–object interaction (HOI) [37] and novel discovery [38],
[39]. For example, DGIG-Net [37] learns a task-oriented cross-
modal graph with a novel graph prototypes framework for few-
shot HOI. Our work is orthogonal to these generalized settings
and can be adapted for their problems.

B. Local Image Features

Local feature maps contain rich and meticulous information,
making it suitable for various computer vision tasks, such as
object detection [2], visual retrieval [40], semantic segmenta-
tion [3], or fine-grained classification [4]. These tasks make
use of the spatial relations and detailed part representations
for accurate image-level or pixel-level prediction. Inspired by
their success, few-shot learning can benefit from the local
feature maps to enrich the global feature vectors which are not
well exploited under limited training examples. Actually, the
local part representations are more consistent and transferable
between the seen and unseen classes. DC [27] trains a classifier
for each position in the feature maps but ignores the feature
alignment. TFH [28] hallucinates the tensor features as data
augmentation and performs global average pooling (GAP) for
classification. DN4 [26] finds the top-k matching descriptors
between a query image and a class to calculate the image-to-
class similarity. Compared with these methods, the proposed
algorithm considers the whole local feature maps to find the
global optimal matching, leading to better feature alignment.

For local feature maps, attention techniques [41] such as
class activation maps (CAM) [42] are widely-used to high-
light discriminative areas. In few-shot learning, SAML [43]
modifies this activation by calculating the norm of local feature
maps to suppress the semantically irrelevant local regions. [44]
proposes a loss function CAM-loss to boost the classification
performance in CNNs. We go a step further to compute both
the intra-image and inter-image attentions, suppressing the
clustered background of image pairs. Another good practice
for local descriptors is incorporating multi-scale information,
e.g., FCN [3] and FPN [2]. In our method, the multi-scale
pooling is applied to the support feature map to obtain features
of multiple scales. These support features are concatenated to
match the original query features. The proposed strategy is

simple but non-trivial, since the concatenation offers a way
of matching local features across all scales to deal with the
disproportional object parts caused by non-rigid deformation.

C. Optimal Transport

Optimal transport aims at computing a minimal cost trans-
portation between a source distribution and a target distribu-
tion. Recently, it has been applied in various applications, such
as image localization [45], domain adaptation [46], [47], gen-
erative model [48] and graph matching [49], [50]. The original
optimal transport problem (a.k.a. Earth Mover’s Distance) can
be solved with network simplex or interior point methods, both
of which require cubic complexity. In this paper, we formulate
local feature matching as an entropy regularized version of
the optimal transport problem (i.e., Sinkhorn distance [51]),
which only needs quadratic complexity. Moreover, all the
proposed components (i.e., optimal local feature matching, bi-
lateral normalization, scale-consistency) can be incorporated in
the Bilaterally-normalized Scale-consistent Sinkhorn distance
(BSSD) to form a unified end-to-end framework.

III. METHODOLOGY

This section presents the proposed framework. We first
introduce some notations and formalize the few-shot classifi-
cation problem. Then, we describe the Bilaterally-normalized
Scale-consistent Sinkhorn Distance (BSSD) framework includ-
ing optimal local feature matching, bilateral normalization, and
scale-consistency. Finally, we utilize the Sinkhorn algorithm to
optimize the local feature matching problem.

A. Problem Definition

In this paper, we consider the standard few-shot classifica-
tion setting. At first, we are given a labeled dataset consisting
of base classes Cbase (a.k.a. seen classes) with an abundant
number of images in each class. Then, the objective is to
classify images in novel classes Cnovel (a.k.a. unseen classes)
with only few images in each class. Since the base classes
and novel classes have no overlap, i.e., Cbase ∩ Cnovel = ∅,
it is difficult to directly fine-tune or transfer from the model
learned on base classes Cbase [6], [15].

In order to break the non-overlapping constraint of
base/novel classes, an episodic-training paradigm was pro-
posed in [6]. Instead of optimizing over mini-batches of train-
ing examples (xi, yi)

B
i=1, episodic-training learns over mini-

batches of training tasks T = {(Dtrain
i , Dtest

i )}Bi=1. Here,
Dtrain

i and Dtest
i represent the training set and test set of the

i-th task. Specifically, Dtrain
i is called the support set, which

contains K images in each of the N classes sampled from
Cbase. Dtest

i is called the query set, which contains Q images
in the same N classes as the support set. (Dtrain

i , Dtest
i ) is

denoted as an N -way K-shot few-shot task. With episodic-
training, the model tries to generalize across multiple tasks
rather than fitting a specific classifier on Cbase, thus breaking
the non-overlapping constraint. Due to this good property,
episodic-training has been widely-used in recent few-shot
learning methods [8], [14], [15], [26], [27], [52]. Therefore,
we also follow this good practice in the proposed algorithm.
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Sinkhorn Algorithm

T⇤ = arg min
T

X

ij

TijMij + ✏H(T) ,

s.t. T1 = µS ,T>1 = µQ .
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Flat & Concat
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Distance(S, Q) =
X

ij

T ⇤
ijMij

: support feature,       :support attention
: query feature,          :query attention
: cost matrix,             :optimal matching
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T⇤

Fig. 2. Our framework for Sinkhorn distance computation. Given a support image xS and a query image xQ, the local feature maps are first extracted with
the CNN. For the support feature map, multi-scale pooling is utilized to generate multi-scale local features while the query feature map keeps unchanged.
Then, the intra-image and inter-image attentions (section III-B3) are calculated as bilateral normalization that re-weights the object and background features.
Finally, the concatenated features and attentions are incorporated in a unified optimization framework to calculate the Sinkhorn distance.

However, even equipped with episodic-training, few-shot
models still suffer from the data scarcity issue since for each
training task, only few (e.g., K = 1 or 5) images can be
used in each class. Few labelled images fail to represent the
complex intra-class variations, resulting the object mismatch
and scale mismatch problems. To tackle these problems, we
model few-shot feature matching as an optimal local feature
matching problem and then enforce the bilateral normalization
as well as scale-consistency to address the mismatch problems.

B. Bilaterally-normalized Scale-consistent Sinkhorn Distance

1) Preliminary: Our algorithm belongs to the metric-based
few-shot learning methods, which learn a discriminative metric
space by comparing the support and query images. While
existing methods extract global feature vector for direct com-
parison, we propose to extract local feature maps and utilize
the Sinkhorn distance for comparison, as shown in Fig. 2.

Given an image x ∈ RH×W×3, the convolution neural net-
work fθ extracts the feature map as fθ(x) ∈ Rh×w×c, where
θ is the parameter of the network, h,w are the height/width
of the map, and c is the feature dimension. Here, fθ(x) can
be reshaped to fθ(x) ∈ Rm×c (m = hw) and viewed as a set
of c-dimensional local features. Given the support image xS

and query image xQ, the key issue is how to compare fθ(xS)
and fθ(xQ) with a proper distance.

A straightforward extension from global feature meth-
ods [6], [7] is to sum up the distances of local features from
the same position as follows:

Distance(xS ,xQ) =

m∑

i=1

D(fθ(xS)[i], fθ(xQ)[i]) , (1)

where D is a distance metric, such as Euclidean. Eqn. (1)
is similar to DC [27], while the difference is that DC trains
a classifier for each descriptor rather than direct distance
computation. Although simple, Eqn. (1) and DC would suffer
from the object mismatch and scale mismatch issues as shown
in Fig. 1. DN4 [26] improves the distance of Eqn. (1) with k-
NN. For each feature qi from fθ(xQ), its k-nearest neighbors
from fθ(xS) are searched to compute the distance. Since DN4

only considers k support descriptors for each query feature, it
is suboptimal and may be sensitive to the choice of k.

2) Optimal local feature matching: Instead of computing
the same position distance or k-nearest neighbor distance, we
seek for a global optimal matching to calculate the local fea-
ture distance. At first, a cost matrix C ∈ Rm×m is calculated
as Cij = D(fθ(xS)[i], fθ(xQ)[j]) with Cij denoting the cost
of matching the i-th support feature and the j-th query feature.
The objective is to find an optimal matching M∗ that can
minimize the total cost of all pairwise matching:

M∗ = argmin
M

∑

ij

MijCij ,

s.t. M ≥ 0,M1 = pS ,M
⊤1 = pQ , (2)

where 1 ∈ Rm×1 is a vector of all ones, pS and pQ are the
support and query probabilities to restrict M to nontrivial so-
lutions. The problem (2) is an optimal transport problem [53].
Theorem 1 (Proposition 2.1 in [53]) For problem (2), if pS =
pQ = 1

m1, there exists a solution M∗, which is a permutation
matrix (the corresponding permutation π∗ ∈ Perm(m)).

According to Theorem 1, problem (2) finds an optimal
alignment π∗ between the support and query features. This
way, the same parts (e.g., head) of the same object in two im-
ages are well-aligned, thus solving the object mismatch issue
caused by the misaligned object position. In contrast, existing
methods either utilize same-position matching (DC [27]) or
apply top-k matching (DN4 [26]), failing to find the optimal
matching.

3) Bilateral normalization: In Theorem 1, pS and pQ are
assumed to be uniform distributions, which means that the
object and background features are treated equally. Therefore,
the cluttered background will interfere the correct object
matching. To alleviate this, we first compute the intra-image
attention with the extracted local features as follows:

pintra
S [i] =

exp(⟨fθ(xS)[i], fθ(xS)[i]⟩1/2)∑m
j=1 exp(⟨fθ(xS)[j], fθ(xS)[j]⟩1/2)

. (3)

Here, ⟨ , ⟩ denotes inner product. In a well-trained CNN, the
inner product of local features can serve as an indicator of
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pinter
S

Fig. 3. Illustration of the intra-image and inter-image attentions.

object/background positions. This is because during training
time the object positions are more related to the loss function,
thus being trained to have larger feature values.

However, since the model is trained on base classes Cbase

and applied to unseen novel classes Cnovel, the inner product
of local feature may stress more on base class objects while
neglect novel class objects. Thus, we propose the inter-
image attention to alleviate this. At first, the mean descriptor
µQ = 1

m

∑m
j=1 fθ(xQ)[j] is computed. Then, the inter-image

attention is calculated as:

pinter
S [i] =

exp(⟨fθ(xS)[i], µQ⟩1/2)∑m
j=1 exp(⟨fθ(xS)[j], µQ⟩1/2)

. (4)

Finally, the intra-image and inter-image attentions are com-
bined and normalized:

pattn
S [i] =

pintra
S [i] + pinter

S [i]∑m
j=1(p

intra
S [j] + pinter

S [j])
. (5)

The query attention pattn
Q is calculated in a similar way.

Then, pattn
S ,pattn

Q are utilized to replace original pS ,pQ in
Eqn. (2), which serve as the bilateral normalization to reduce
the weights of background features. This alleviates the object-
to-background mismatch issue.

4) Scale-consistency: To address the scale mismatch is-
sue, we generate multi-scale local features for the support
image while keep query features unchanged. Specifically,
multiple pooling and up-sampling operations are applied
on fθ(xS) to get a list of local features: [fθ(xS)1 ∈
Rh1w1×c, . . . , fθ(xS)N ∈ RhNwN×c]. They are concatenated
to get the multi-scale support features fθ(xS)MS ∈ RΣihiwi×c.
The multi-scale design takes several intuitions into account: (1)
we use simple pooling instead of convolution or other param-
eterized modules, which is more efficient and avoids potential
overfitting caused by few-shot data; (2) the asymmetric scheme
and concatenation make it viable to search for a consistent
scale from support features to match the query; (3) even if the
object is disproportionately scaled, we can find a combination
across multiple scales for a better matching.

Given the bilateral normalization and scale-consistency, we
can now update the problem definition in Eqn. (2). We update
C ∈ RΣihiwi×hw with Cij = D(fθ(xS)MS[i], fθ(xQ)[j]),
pS = pattn

S , and pQ = pattn
Q .

Theorem 2 (Proposition 3.4 in [53]) In problem (2), for
general pS ,pQ (i.e., pS ̸= 1

n1,pQ ̸= 1
m1), the solution

M∗ contains no more than n+m− 1 nonzero entries, where
n =

∑
i hiwi.

Algorithm 1 Sinkhorn algorithm to solve problem (6)
Input: pS ,pQ,C, ϵ, tmax
Initialize K = e−C/ϵ ,b← 1 , t← 0
while t ≤ tmax and not converge do
a = pS/(Kb)
b = pQ/(K

⊤a)
end while
Output: Mϵ = diag(a)Kdiag(b)

From Theorem 2, we can see that with the proposed bilateral
normalization and scale-consistent modules, problem (2) still
owns good properties to induce a sparse matching matrix M∗.
Since n ̸= m, M∗ can be seen as a relaxed matching matrix.
Compared with the original solution, the updated M∗ not only
solves the object mismatch by misaligned position, but also
addresses the background clutter and scale mismatch with
the proposed bilateral normalization and scale-consistency
modules. We combine all the proposed modules (optimal local
feature matching, bilateral normalization, scale-consistency) in
the unified optimal transport problem (Eqn. (2)).

C. Optimization with Sinkhorn Algorithm
Problem (2) can be solved with network simplex or interior

point methods. However, it requires a high complexity of
O(m3 logm). To reduce the complexity, we solve an entropy-
regularized approximation of Eqn. (2):

Mϵ = argmin
M

∑

ij

MijCij + ϵH(M) ,

s.t. M ≥ 0,M1 = pS ,M
⊤1 = pQ , (6)

where H(M) =
∑

ij Mij(logMij−1) is the negative entropy
and ϵ > 0 is the regularization parameter. Problem (6) is
strongly convex and can be solved using Sinkhorn algo-
rithm [51] as shown in Algorithm 1.
Remark 1 (Approximation Analysis [54]) For the sake of
simplicity, we assume n = m. The convergence analysis can
be performed as follow: by setting ϵ = 4 logm

τ , ∥C∥∞ =
maxij |Cij | ≤ L, Algorithm 1 runs in O(m2L3(logm)τ−3)
time to ensure that

∑
MϵC ≤ ∑

M∗C + τ . In other
words, Eqn. (6) computes a τ -approximation of Eqn. (3) in
O(m2L3(logm)τ−3) operations.

Complexity Analysis. According to Remark 1, the time
complexity of solving Problem (6) with Algorithm 1 is
O(m2 logm). Calculating the cost matrix C needs to call m2

times the distance function D. So, the overall complexity of
our method is O(m2 logm+m2c).

There are several benefits by introducing entropy regular-
ization. First, the complexity is decreased by an order of
magnitude but the solution Mϵ is still near to the original
M∗ for small ϵ according to Remark 1. Second, Algorithm 1
only involves simple matrix operations, which is efficient
and differentiable for end-to-end training in CNNs. Third,
the regularization has the potential effect of preventing over-
aggressive matching, thus improving the generalization ability.

Once Mϵ is obtained, the distance can be computed:

Distance(xS ,xQ) =
∑

ij

Mϵ
ijCij , (7)
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which is called Bilaterally-normalized Scale-consistent
Sinkhorn Distance (BSSD). The predicted probability for xQ

is calculated as:

p(yQ = k|xQ) =
exp(Distance(xSk

,xQ)/τ)∑
k′ exp(Distance(xSk′ ,xQ)/τ)

, (8)

where τ is the temperature similar to recent work [14], [33],
[55],xSk

is the support image of class k, the average is applied
for more than one images.

IV. EXPERIMENTS

In this section, we first describe the benchmark datasets and
implementation details. Then ablation study is performed to
verify the effectiveness of each proposed component, followed
by the qualitative results to provide further intuitions. At last,
we compare with the state-of-the-art methods.

A. Datasets

We perform experiments on three common benchmarks:
miniImageNet [6], tieredImageNet [56], and FC100 [57].

miniImageNet was originally proposed in [6]. It is a subset
of ImageNet ILSVRC-2012 and contains 60, 000 images of
resolution 84×84, uniformly distributed over 100 classes. We
adopt the common split in [58] to get 64, 16, 20 classes for
training, validation and test, respectively.

tieredImageNet was proposed in [56] as a large-scale few-
shot benchmark. It is also a subset of ImageNet ILSVRC-2012,
containing 608 classes from 34 super-categories, which are
then split to 20, 6, 8 super-categories, resulting in 351, 97, 160
classes as training, validation and test set respectively. Simi-
larly, the image size is 84× 84. Since base classes and novel
classes come from different super-categories, the semantic gap
between training and test phase is larger than miniImageNet.

FC100 is a few-shot version of CIFAR-100 originally
proposed in [57]. Similar to miniImageNet, it has 60, 000
images uniformly distributed over 100 classes. Similar to
tieredImageNet, the 100 classes of FC100 are grouped into 20
superclasses, with 12 (60 classes) for training, 4 (20 classes)
for validation and 4 (20 classes) for test.

B. Implementation Details

For a fair comparison with previous works, we consider two
commonly used convolutional neural networks as the feature
backbone: (1) A 4-layer convolution network (ConvNet) with
64 filters in each layer, following the same architecture in [6],
[7], [14] and (2) A 12-layer residual network (ResNet) used
in [8], [14]. To get the local feature maps, we remove the last
pooling layer of the networks. Concretely, an image of size
84× 84 results in a feature map of 5× 5× C1, i.e., 25 local
features. Then, we apply a multi-scale up/down-sampling on
the support image to get feature maps of {10× 10, 5× 5, 3×
3, 1×1} (except where stated otherwise) and concatenate them
to obtain 135 local features.

As a common practice in state-of-the-art literature [14],
[33], we apply a feature pre-training step followed by a

1C is feature dimension. C is 64 for ConvNet and 640 for ResNet

episodic meta-training step. In pre-training step, we utilize
an Adam optimizer with the initial learning rate of 0.002 for
ConvNet. And for ResNet, we use SGD with momentum and
set learning rate to 0.001, momentum to 0.9. In meta-training
step, the learning rate is scaled by a factor 0.1. In all stages, the
weight decay is fixed as 0.0005. At meta-test time, we follow
the new and more trustworthy evaluation setting [14], [27] to
randomly sample 10, 000 N -way K-shot tasks instead of 600
in previous setting. The average accuracy and 95% confidence
interval are reported. The distance metric D is instantiated as
D(u,v) = 1 − u⊤v/∥u∥∥v∥. The regularization ϵ is set to
0.05, max iteration tmax is set to 10. The softmax temperature
τ in meta-training and meta-test stage is set to 0.02.

C. Ablation Study
In this subsection, we perform various experiments on

miniImageNet to show the effectiveness of our BSSD method.
Ablation on Sinkhorn distance and feature sizes. To

investigate the effect of Sinkhorn distance on various lo-
cal/global feature sizes, we re-implement two popular meth-
ods: ProtoNet [7] and MatchingNet [6] with various feature
map sizes. For local features, we directly flatten the feature
map to be a feature vector, which is a straightforward way
of applying local features. In addition, we compare with two
recent local feature methods, i.e., DN4 [26] and DC [27].
For our method, we report the plain version here, i.e., only
preserving the Sinkhorn distance module and removing both
the bilateral normalization and the scale-consistency modules.
This helps to study the pure effect of optimal local feature
matching strategy induced by Sinkhorn distance. To ensure
a fair comparison, we re-implement all methods to apply a
feature pre-training step followed by a meta-training step. All
methods utilize the same ConvNet and ResNet architecture,
except for the last pooling layer that can generate various
feature map sizes. To get a feature map of size 10 × 10, we
remove the max-pooling accompanying the last convolution
layer for ConvNet and ResNet.

The results are shown in Table I. First, simple flattening
local features for ProtoNet [7] and MatchingNet [6] does not
yield consistent improvements against global features. Due
to object mismatch, the simple flattening may introduce in-
consistent feature comparison, thus harming the performance.
Second, DN4 [26] and Dense [27] are comparable or slightly
better than global feature matching of ProtoNet [7] and Match-
ingNet [7], indicating that their strategies for local feature
matching are beneficial but sub-optimal. Third, the proposed
BSSD shows consistent and significant improvements against
all local and global methods, which corroborates the effective-
ness of optimal local feature matching by Sinkhorn distance.
Fourth, by increasing feature map size from 5× 5 to 10× 10,
DN4, DC and BSSD all gain further improvements for 1-shot
setting due to the scarcity of training images. For 5-shot setting
with more training images, BSSD continues to increase for
larger map size while DN4 and DC do not. We conjecture
that with more training images, local features of 10× 10 are
nearly saturated and fail to offer additional information.

Effectiveness of each component. We then study the
benefits of each of the proposed components, including intra-
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TABLE I
ABLATION STUDY ON VARIOUS DISTANCE AND FEATURE SIZES. FOR A FAIR COMPARISON, WE RE-IMPLEMENT ALL METHODS WITH THE SAME

PRE-TRAINED BACKBONE. IN OUR BSSD METHOD, THE PLAIN VERSION IS REPORTED HERE, i.e., ONLY PRESERVING THE SINKHORN DISTANCE MODULE
AND REMOVING BOTH THE BILATERAL NORMALIZATION AND THE SCALE-CONSISTENCY MODULES.

Method Distance Feature Size ConvNet ResNet
1-shot 5-shot 1-shot 5-shot

ProtoNet [7] Euclidean
Global 1x1 52.61 71.33 62.39 80.53
Local 5x5 51.97 70.60 62.05 79.76
Local 10x10 51.14 70.06 62.33 79.50

MatchingNet [6] Cosine
Global 1x1 52.87 67.49 63.87 78.72
Local 5x5 53.66 66.68 62.69 77.95
Local 10x10 53.16 67.78 63.74 77.56

DN4 [26] Cosine Local 5x5 53.15 70.64 63.71 78.16
Local 10x10 54.09 71.60 64.13 77.55

DC [27] Euclidean Local 5x5 53.54 71.10 63.92 80.39
Local 10x10 54.39 70.77 63.95 79.81

BSSD (ours) Sinkhorn Local 5x5 55.03 72.28 65.06 81.62
Local 10x10 55.61 72.39 65.88 81.76

TABLE II
EFFECTIVENESS OF THE PROPOSED COMPONENTS ON miniIMAGENET.

Intra-Attention Inter-Attention Scale-Consistency ConvNet ResNet
1-shot 5-shot 1-shot 5-shot
55.03 72.28 65.06 81.62

✓ 55.48 73.04 65.54 82.23
✓ 55.43 72.95 65.63 82.17

✓ ✓ 55.76 73.13 65.90 82.34
✓ 55.40 72.92 66.13 82.38

✓ ✓ 56.09 73.03 66.39 82.69
✓ ✓ 56.01 73.16 66.79 83.09

✓ ✓ ✓ 56.53 73.44 67.28 83.48

TABLE III
PERFORMANCE WITH VARIOUS FEATURE MAP SIZES ON miniIMAGENET.

Query size Support size ConvNet ResNet
1-shot 5-shot 1-shot 5-shot

5 5 55.76 73.13 65.90 82.34
10 10 56.21 73.18 66.52 82.71

5,3,1 5 55.93 73.08 66.72 82.86
10,5,3,1 5 56.21 73.33 66.94 83.08

5 5,3,1 56.01 73.14 66.77 82.73
5 10,5,3,1 56.53 73.44 67.28 83.48

5,3,1 5,3,1 56.03 73.19 66.60 83.10
10,5,3,1 10,5,3,1 55.98 73.30 66.47 82.74

image attention, inter-image attention and scale-consistency.
From Table II, we can see that either intra-image attention or
inter-image attention alone can obtain accuracy improvements
over the baseline model (plain Sinkhorn distance). Combing
the two attentions introduces further improvements, showing
that they are complementary. The scale-consistency with nei-
ther intra-attention nor inter-attention attention can improve
the performance of of the plain baseline, corroborating its
effectiveness to address the scale mismatch issue. When both
attentions and scale-consistency modules are applied, the
performance outperforms each single module, which verifies
their collaboration. The final model (i.e., BSSD) obtains much
better accuracy than plain Sinkhorn distance (+1.5% in most
cases) and all other variants. The above analysis indicates
that all the proposed components are complementary and
indispensable in the proposed BSSD framework.

Influence of different scales. In our method, we apply
an asymmetric multi-scale design, i.e., keeping query map
size as 5 × 5 and changing support map size to {10 ×

Conv-1shot Conv-5shot Res-1shot Res-5shot
50
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80
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cu

ra
cy

Max
Min
Mean
Concat

Fig. 4. Accuracy with different multi-scale strategies. The proposed “Concat”
achieves the best performance on all settings.

10, 5 × 5, 3 × 3, 1 × 1}. This asymmetric multi-scale design
can be explained from several perspectives. From an accuracy
view, in Table III, the proposed size configuration achieves
the best performance among all configurations. This is due
to the effective up/down-scaling of the support map, which
makes our method possible to capture both the zooming-in and
zooming-out relationships between support and query images.
Therefore, the scale mismatch issue is well-addressed. From an
efficiency view, the proposed size configuration balances the
accuracy and efficiency. Our configuration has a complexity
of O(25× 135) with the quadratic Sinkhorn algorithm, which
is relatively small among all sizes. Moreover, the multi-scale
operation is applied only on the support maps rather than
on the query maps. This choice is derived from a practical
consideration. In few-shot setting, the support images are the
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Fig. 5. Accuracy with different values of the parameters ϵ and tmax using
ConvNet on miniImageNet.
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Fig. 6. Performance of various shots on miniImageNet and FC-100.

training set whose number is supposed to be small (e.g., 1 or
5), while the query images are the test set whose number is
varying and usually much larger.

Different scale-consistency strategies. Given the multi-
scale support maps, there are several strategies to apply scale-
consistent Sinkhorn distance, such as concatenate features of
all scales (i.e., BSSD) or compute distance in each scale and
then aggregate with the Max/Min/Mean operation. The results
are shown in Fig. 4. The proposed “Concat” achieves the best
performance on all settings, corroborating its effectiveness.
Since objects can be disproportionately scaled during non-rigid
deformation, “Max”, “Min” and “Mean” are unable to handle
this within the same scale. In contrast, with concatenation, the
query image can search for a combination of various scales
from the support image, which potentially addresses the non-
proportional object scaling issue.

Influence of the parameters ϵ and tmax. To investigate the
hyper-parameter ϵ, we change it from 0.001 to 0.5 for ConvNet
on miniImageNet. From Fig. 5(a), we can see that accuracy
is quite stable w.r.t ϵ. The best performance is achieved when
ϵ = 0.05. The accuracy drops quickly when ϵ = 0.001 as a
too small ϵ leads to numerical issue. Similarly, we vary the
parameter tmax from 1 to 40 and report the results in Fig. 5(b).
It can be seen that our method is stable w.r.t tmax and the best
result is obtained around tmax = 10.

Performance of various shots per class. To demonstrate
the universality of our method, we evaluate the performance of
our method and the second best in Table IV (i.e., FEAT [14])
by increasing K from 1 to 100. With the gradual increasing
of K, the few-shot classification task approaches the general
image classification task. From Fig. 6, it is shown that the
accuracy acutely increases from 1-shot to 5-shot and then
gradually increases until 100-shot. For all different shots,
our method surpasses FEAT with a noticeable margin, which

Intra Inter Intra+Inter

(a)

(b)

(c)

(d)

Fig. 7. Visualization of the intra-image and inter-image attention maps.

indicates the better performance of conducting both the few-
shot and general image classification tasks.

D. Qualitative Results

Intra-image and inter-image attentions. The intra-image
attention focuses on the objectness of an image, while the
inter-image attention considers if the query image contains
the same object as the support image. In Fig. 7(a), the intra-
image attention map shows high activations for both the bowl
and steel nail, but the inter map only focuses on the bowl
(i.e., target object). Their combination decreases the non-target
nail activations. Similarly, in Fig. 7(b), the non-target human
face is also diminished. In some cases, the two attentions are
complementary. In Fig. 7(c), the intra map focuses on the
eyes area while the inter map focuses on the nose area. Their
combination strengthens each individual map by activating
both the eyes and nose. Similarly, in Fig. 7(d), the intra map
activates the tail part while the inter map activates the head
part. Their combination focuses on the whole ant body. The
proposed attentions can collaboratively highlight the target
objects, then guide the object matching.

Optimal matching visualization. In Fig. 8, we show the
top 2 matching as well as the corresponding optimal matching
matrix M. In Fig. 8(a), the two guitars have similar scales, thus
the matching boxes having the same size. In Fig. 8(b) and 8(d),
the left and right images have different zoom in/out options,
but our algorithm successfully finds the proper matching scales
to focus on the same object parts. In Fig. 8(c), the head and
leg of the right lion are unevenly scaled due to viewpoint
changes. The proposed BSSD handles this issue by seeking
for the consistent scales from multiple support scales to match
the query scale.

The optimal matching matrix M sparsely activates the
corresponding areas, which is consistent with the Theorems
in Section III-B. Moreover, if the objects have similar posi-
tions (Fig. 8(a)), the resulting M shows diagonal activations,
otherwise (Fig. 8(b) and 8(d)) M shows different activations.
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TABLE IV
COMPARISONS WITH THE STATE-OF-THE-ART METHODS ON miniIMAGENET AND tieredIMAGENET. WE SHOW THE MEAN ACCURACY AND 95%

CONFIDENCE INTERVAL.

Method Backbone miniImageNet tieredImageNet
1-shot 5-shot 1-shot 5-shot

TAPNet [59] ResNet-12 61.65±0.15 76.36±0.10 63.08±0.15 80.26±0.12
DSN [60] ResNet-12 62.64±0.66 78.83±0.45 66.22±0.75 82.79±0.48

Neg-Cosine [61] ResNet-12 63.85±0.81 81.57±0.56 - -
Meta-Baseline [33] ResNet-12 63.17±0.23 79.26±0.17 68.62±0.27 83.29±0.18

TADAM [57] ResNet-12 58.50±0.30 76.70±0.30 - -
MetaOptNet [8] ResNet-12 62.64±0.61 78.63±0.46 65.99±0.72 81.56±0.53

RFS [20] ResNet-12 62.02±0.63 79.64±0.44 69.74±0.72 84.41±0.55
FEAT [14] ResNet-12 66.78±0.20 82.05±0.14 70.80±0.23 84.79±0.16
FBM [62] ResNet-12 61.41±1.87 76.11±0.92 - -

Baseline++ [22] ResNet-18 51.87±0.77 75.68±0.63 - -
Hyperbolic [63] ResNet-18 61.04±0.21 77.01±0.15 - -

CTM [64] ResNet-18 64.12±0.82 80.51±0.13 68.41±0.39 84.28±1.73
SimpleShot [65] ResNet-18 62.85±0.20 80.02±0.14 69.09±0.22 84.58±0.16

TFH-ft [28] ResNet-18 65.07±0.82 80.81±0.61 - -
LEO [66] WRN-28-10 61.76±0.08 77.59±0.12 66.33±0.05 81.44±0.09
PFA [67] WRN-28-10 59.60±0.41 73.74±0.19 - -

Boosting [55] WRN-28-10 64.03±0.46 80.68±0.33 70.53±0.51 84.98±0.36
MixtFSL [68] WRN-28-10 64.31±0.79 81.66±0.60 68.61±0.91 84.08±0.55
BSSD (Ours) ResNet-12 67.28±0.20 83.48±0.14 71.55±0.23 86.13±0.16

TABLE V
COMPARISONS WITH THE STATE-OF-THE-ART METHODS ON FC100.

Method Backbone 1-shot 5-shot
SimpleShot [65] ResNet-10 40.13±0.18 53.63±0.18

TADAM [57] ResNet-12 40.10±0.40 56.10±0.40
MetaOptNet [8] ResNet-12 41.10±0.60 55.50±0.60

RFS [20] ResNet-12 42.60±0.70 59.10±0.60
DC [27] ResNet-12 42.04±0.17 57.05±0.16

MTL [23] ResNet-12 45.10±1.80 57.60±0.90
MixtFSL [68] ResNet-12 44.89±0.63 60.70±0.67
BSSD (Ours) ResNet-12 47.13±0.26 63.59±0.25
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10
<latexit sha1_base64="fgfL/1b4VTlaIKW1YTPmbQG1wxk=">AAAB6XicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8cq9gPaUDbbTbt0swm7E6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwff6btWreXOQVeIXpAoFGn33qzdIWBZzhUxSY7q+l2KQU42CST6t9DLDU8rGdMi7lioacxPk80un5MwqAxIl2pZCMld/T+Q0NmYSh7Yzpjgyy95M/M/rZhhdB7lQaYZcscWiKJMEEzJ7mwyE5gzlxBLKtLC3EjaimjK04VRsCP7yy6ukdVHzvZp/f1mt3xRxlOEETuEcfLiCOtxBA5rAIIJneIU3Z+y8OO/Ox6K15BQzx/AHzucP6HKM7w==</latexit><latexit sha1_base64="fgfL/1b4VTlaIKW1YTPmbQG1wxk=">AAAB6XicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8cq9gPaUDbbTbt0swm7E6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwff6btWreXOQVeIXpAoFGn33qzdIWBZzhUxSY7q+l2KQU42CST6t9DLDU8rGdMi7lioacxPk80un5MwqAxIl2pZCMld/T+Q0NmYSh7Yzpjgyy95M/M/rZhhdB7lQaYZcscWiKJMEEzJ7mwyE5gzlxBLKtLC3EjaimjK04VRsCP7yy6ukdVHzvZp/f1mt3xRxlOEETuEcfLiCOtxBA5rAIIJneIU3Z+y8OO/Ox6K15BQzx/AHzucP6HKM7w==</latexit><latexit sha1_base64="fgfL/1b4VTlaIKW1YTPmbQG1wxk=">AAAB6XicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8cq9gPaUDbbTbt0swm7E6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwff6btWreXOQVeIXpAoFGn33qzdIWBZzhUxSY7q+l2KQU42CST6t9DLDU8rGdMi7lioacxPk80un5MwqAxIl2pZCMld/T+Q0NmYSh7Yzpjgyy95M/M/rZhhdB7lQaYZcscWiKJMEEzJ7mwyE5gzlxBLKtLC3EjaimjK04VRsCP7yy6ukdVHzvZp/f1mt3xRxlOEETuEcfLiCOtxBA5rAIIJneIU3Z+y8OO/Ox6K15BQzx/AHzucP6HKM7w==</latexit><latexit sha1_base64="fgfL/1b4VTlaIKW1YTPmbQG1wxk=">AAAB6XicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8cq9gPaUDbbTbt0swm7E6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpwff6btWreXOQVeIXpAoFGn33qzdIWBZzhUxSY7q+l2KQU42CST6t9DLDU8rGdMi7lioacxPk80un5MwqAxIl2pZCMld/T+Q0NmYSh7Yzpjgyy95M/M/rZhhdB7lQaYZcscWiKJMEEzJ7mwyE5gzlxBLKtLC3EjaimjK04VRsCP7yy6ukdVHzvZp/f1mt3xRxlOEETuEcfLiCOtxBA5rAIIJneIU3Z+y8OO/Ox6K15BQzx/AHzucP6HKM7w==</latexit>

5
<latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit><latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit><latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit><latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit>

⇥<latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit> 5
<latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit><latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit><latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit><latexit sha1_base64="N8f4lxeEEDz/qiLuXS+43TBm1YA=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBgK2MuQ==</latexit>

3
<latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit><latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit><latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit><latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit>

⇥<latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit> 3
<latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit><latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit><latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit><latexit sha1_base64="JYBj3t+WTAQe8bLkJgi7MxOh5ms=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOyXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasIbP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFVqt3kcRTiBUzgHD66hBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBfaWMtw==</latexit> 1<latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit><latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit><latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit><latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit> 1<latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit><latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit><latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit><latexit sha1_base64="l9eImvYcFOKpzEDji/n9jPDeWb8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv12zyOIpzBOVyCBzWowz00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Aep2MtQ==</latexit>

⇥<latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit><latexit sha1_base64="EKJy6rjXhiAKrBUXGSg3J2VqHFQ=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOZpMxszPLTK8QQv7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqWw6PvfXmFtfWNzq7hd2tnd2z8oHx41rc4M4w2mpTbtiFouheINFCh5OzWcJpHkrWh0O/NbT9xYodUDjlMeJnSgRCwYRSc1uygSbnvlil/15yCrJMhJBXLUe+Wvbl+zLOEKmaTWdgI/xXBCDQom+bTUzSxPKRvRAe84qqhbEk7m107JmVP6JNbGlUIyV39PTGhi7TiJXGdCcWiXvZn4n9fJML4OJ0KlGXLFFoviTBLUZPY66QvDGcqxI5QZ4W4lbEgNZegCKrkQguWXV0nzohr41eD+slK7yeMowgmcwjkEcAU1uIM6NIDBIzzDK7x52nvx3r2PRWvBy2eO4Q+8zx+2K480</latexit>support size
(a) (b)

(c) (d)
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Fig. 8. Visualization of the top matching (same box colors denote a matching
pair) and the optimal matching matrix M.

E. Comparison with the State of the Art

Finally, we compare the proposed BSSD with the recent
state-of-the-art methods. We report the 5-way 1-shot and 5-
way 5-shot results on 3 popular benchmarks: miniImageNet,
tieredImageNet, and FC100. As shown in Table IV and Ta-
ble V, our algorithm outperforms the state-of-the-art methods

on all three benchmarks. Among the baselines, TFH-ft [28]
generate tensor features and DC [27] applied dense classifiers
on each local feature. Since none of them addresses the mis-
match issues, they obtain inferior accuracy. For the backbone,
although we employ a small network (i.e., ResNet 12), our
algorithm outperforms the methods with a larger backbone
structure such as ResNet-18 or WideResNet-28.

V. CONCLUSION

In this paper, we propose the Bilaterally-normalized Scale-
consistent Sinkhorn Distance (BSSD) to deal with the few-
shot classification problem. Specifically, we utilize the more
discriminative local feature maps to replace the widely-used
global feature vectors, leading to more consistent and trans-
ferable features. Direct local feature matching encounters two
practical issues: object mismatch and scale mismatch, which
are caused by misaligned position, cluttered background, and
inconsistent object scales. To address these issues, we propose
three novel modules: optimal local feature matching, bilateral
normalization, and scale-consistency, which are incorporated
in a unified end-to-end BSSD framework. Extensive experi-
ments show the effectiveness of each designed module, and
we achieve the state-of-the-art on three benchmark datasets.
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[57] B. N. Oreshkin, P. R. López, and A. Lacoste, “Tadam: Task dependent
adaptive metric for improved few-shot learning,” in NeurIPS, 2018.

[58] S. Ravi and H. Larochelle, “Optimization as a model for few-shot
learning,” in International Conference on Learning Representations,
2017.

[59] S. W. Yoon, J. Seo, and J. Moon, “Tapnet: Neural network augmented
with task-adaptive projection for few-shot learning,” in International
Conference on Machine Learning. PMLR, 2019, pp. 7115–7123.

[60] C. Simon, P. Koniusz, R. Nock, and M. Harandi, “Adaptive subspaces
for few-shot learning,” in Proceedings of the IEEE/CVF Conference on
Computer Vision and Pattern Recognition, 2020, pp. 4136–4145.

[61] B. Liu, Y. Cao, Y. Lin, Q. Li, Z. Zhang, M. Long, and H. Hu, “Negative
margin matters: Understanding margin in few-shot classification,” in
European Conference on Computer Vision. Springer, 2020, pp. 438–
455.

[62] P. Yang, S. Ren, Y. Zhao, and P. Li, “Calibrating cnns for few-shot
meta learning,” in Proceedings of the IEEE/CVF Winter Conference on
Applications of Computer Vision, 2022, pp. 2090–2099.

[63] P. Fang, M. Harandi, and L. Petersson, “Kernel methods in hyperbolic
spaces,” in Proceedings of the IEEE/CVF International Conference on
Computer Vision, 2021, pp. 10 665–10 674.

[64] H. Li, D. Eigen, S. Dodge, M. Zeiler, and X. Wang, “Finding task-
relevant features for few-shot learning by category traversal,” in Pro-
ceedings of the IEEE/CVF Conference on Computer Vision and Pattern
Recognition, 2019, pp. 1–10.

[65] Y. Wang, W.-L. Chao, K. Q. Weinberger, and L. van der Maaten, “Sim-
pleshot: Revisiting nearest-neighbor classification for few-shot learning,”
arXiv preprint arXiv:1911.04623, 2019.

[66] A. A. Rusu, D. Rao, J. Sygnowski, O. Vinyals, R. Pascanu, S. Osindero,
and R. Hadsell, “Meta-learning with latent embedding optimization,” in
International Conference on Learning Representations, 2018.

[67] S. Qiao, C. Liu, W. Shen, and A. L. Yuille, “Few-shot image recognition
by predicting parameters from activations,” in Proceedings of the IEEE
Conference on Computer Vision and Pattern Recognition, 2018, pp.
7229–7238.

[68] A. Afrasiyabi, J.-F. Lalonde, and C. Gagné, “Mixture-based feature
space learning for few-shot image classification,” in Proceedings of
the IEEE/CVF International Conference on Computer Vision, 2021, pp.
9041–9051.

Yanbin Liu received the B.E. degree and M.S.
degrees from Tianjin University, China, in 2013 and
2015, respectively. He received the Ph.D. degree
from the University of Technology Sydney, Aus-
tralia, in 2021. He is currently a Research Fellow
with the School of Computing, Australian National
University. His research interests lie in machine
learning and deep learning for computer vision prob-
lems, especially learning with limited labeled data.

Linchao Zhu (Member, IEEE) received the B.E.
degree from Zhejiang University, China, in 2015,
and the Ph.D. degree in computer science from
the University of Technology Sydney, Australia, in
2019. He is a Research Professor with the College of
Computer Science and Technology, Zhejiang Univer-
sity, China. His research interests are video analysis
and understanding.

Xiaohan Wang received the Ph.D. degree in com-
puter science from University of Technology Syd-
ney, Australia, in 2021. He received the B.E. de-
gree from University of Science and Technology of
China, China, in 2017. He is currently a postdoctoral
researcher with the College of Computer Science
and Technology, Zhejiang University, China. His
research interest includes video analysis, egocentric
vision and multi-modal understanding.

Makoto Yamada received the PhD degree in sta-
tistical science from The Graduate University for
Advanced Studies (SOKENDAI, The Institute of
Statistical Mathematics), Tokyo, in 2010. He has
held positions as a postdoctoral fellow with the
Tokyo Institute of Technology from 2010 to 2012, as
a research associate with NTT Communication Sci-
ence Laboratories from 2012 to 2013, as a research
scientist with Yahoo Labs from 2013 to 2015, as an
assistant professor with Kyoto University from 2015
to 2017, as a team leader with RIKEN from 2017 to

2023, and as an associate professor with Kyoto University from 2018 to 2023.
Currently, he is an associate professor at the Okinawa Institute of Science and
Technology (OIST) His research interests include machine learning and its
application to biology, natural language processing, and computer vision. He
published more than 50 research papers in premium conferences and journals
such as NeurIPS, AISTATS, ICML, AAAI, IJCAI, and TPAMI, and won the
WSDM 2016 Best Paper Award.

Yi Yang (Senior Member, IEEE) received the Ph.D.
degree in computer science from Zhejiang Univer-
sity, Hangzhou, China, in 2010. He was a Professor
with the University of Technology Sydney, Ultimo,
NSW, Australia. He is currently a Professor with
the College of Computer Science and Technology,
Zhejiang University. His current research interests
include machine learning and its applications to
multimedia content analysis and computer vision,
such as multimedia analysis and video semantics
understanding.


	Introduction
	Related Work
	Few-shot Image Classification
	Local Image Features
	Optimal Transport

	Methodology
	Problem Definition
	Bilaterally-normalized Scale-consistent Sinkhorn Distance
	Preliminary
	Optimal local feature matching
	Bilateral normalization
	Scale-consistency

	Optimization with Sinkhorn Algorithm

	Experiments
	Datasets
	Implementation Details
	Ablation Study
	Qualitative Results
	Comparison with the State of the Art

	Conclusion
	References
	Biographies
	Yanbin Liu
	Linchao Zhu
	Xiaohan Wang
	Makoto Yamada
	Yi Yang


